Abstract. A class of orthonormal sets of continuous broken line functions is defined. Each member is shown to be complete in L2(0,1) and pointwise convergence theorems are obtained for the Fourier expansions relative to these sets.
1. Introduction. It was shown in [2] that each sequence of points which is dense in [0, 1] determines a complete orthonormal set of step functions in L2(0, 1). In this paper we prove that each such sequence of points also determines a complete orthonormal set of continuous broken line functions similar to that constructed by Franklin [1] . The Fourier expansion of a function feL2(0, 1) relative to a set of this class is found to converge at each point of continuity of/ and is shown to converge uniformly on [0, 1] when/is continuous on this interval. Since it is evident that no ht is a linear combination of the other functions in the set, we see that the hi are linearly independent on [0, 1 ]. Thus, one can employ the Gram-Schmidt process to construct an orthonormal sequence {un(x)} such that each un is a linear combination of the hu i^n. Because of the triangular nature of this construction, each hn can also be expressed as a linear combination of the ut, i^n.
3. Completeness of {un}. To prove that the sequence of functions {un} is complete in L2(0, 1), one needs an obvious property of the sequence A which is given in Lemma 1. In this lemma and throughout this paper the term "adjacent points" of a finite subset AN<=A will be used to denote successive elements of the subset when its elements are arranged in order of magnitude ; i.e. am and an are adjacent points of AN if and only if there is no ak e AN such that am<ak<an or an<ak<am. In closing it should be pointed out that if the set A involved in the definition of {un} is taken to be the particular set described in §7(B) of [2] , the resulting {un} is the orthonormal sequence of functions defined by Franklin [1] .
